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Labelled Transition Systems

Explicit representation
(succ/pred function)

– BCG (Binary Coded Graphs)

Implicit representation
(successor function)

– OPEN/CAESAR [Garavel-98]

CADP toolbox (http://www.inrialpes.fr/vasy/cadp)

M = (Q, A, T, q0)
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Alternation-free
Boolean Equation Systems
BES

x1 =ν x2 ∧ x5
x2 =ν x3 ∧ x4
x3 =ν x1 ∨ x3
x4 =ν F
x5 =ν x2 ∨ x4 ∨ x6
x6 =ν x5
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[Andersen-94]
[Mader-97]
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Equivalence checking

system
behaviour
(protocol)

external
behaviour
(service)

compiler compiler

equivalence
checkerLTS1 LTS2

true / false + diagnostic

Global
LTS built before check
Partition refinement
Better when check OK

On-the-fly
LTS built during check
Synchronous product
Better when check KO



6SENVA meeting (INRIA Rhône-Alpes, Nov. 16-17, 2005)

Strong equivalence
M1 = (Q1, A, T1, q01), M2 = (Q2, A, T2, q02) 
≈ ⊆ Q1 × Q2 is the maximal relation s.t. p ≈ q iff

∀ a∈ A.∀ p →a p’∈ T1. ∃ q →a q’∈ T2. p’ ≈ q’
and
∀ a∈ A.∀ q →a q’∈ T2. ∃ p →a p’∈ T1. p’ ≈ q’

M1 ≈ M2 iff q01 ≈ q02
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p ≤ q
(preorder)

Translation to BES
Principle: p ≈ q iff Xp,q is true
General BES:

Xp,q =ν (∧ p →a p’ ∨ q →a q’ Xp’,q’) 
∧

(∧ q →a q’ ∨ p →a p’ Xp’,q’) 

Simple BES:
Xp,q =ν (∧ p →a p’ Ya,p’,q) ∧ (∧ q →a q’ Za,p,q’)
Ya,p’,q =ν ∨ q →a q’ Xp’,q’

Za,p,q’ =ν ∨ p →a p’ Xp’,q’



8SENVA meeting (INRIA Rhône-Alpes, Nov. 16-17, 2005)

Tau*.a and safety equivalences
M1 = (Q1, Aτ, T1, q01), M2 = (Q2, Aτ, T2, q02) 
Aτ = A ∪ { τ }
τ*.a equivalence:
Xp,q =ν (∧ p →τ*.a p’ ∨ q →τ*.a q’ Xp’,q’)

∧
(∧ q →τ*.a q’ ∨ p →τ*.a p’ Xp’,q’)

Safety equivalence:
Xp,q =ν Yp,q ∧ Yq,p

Yp,q =ν ∧ p →τ*.a p’ ∨ q →τ*.a q’ Yp’,q’
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Observational and branching
equivalences

Observational equivalence:
Xp,q =ν (∧ p →τ p’∨ q →τ* q’Xp’,q’) ∧ (∧ p →a p’∨ q →τ*.a.τ* q’Xp’,q’)

 ∧
(∧ q →τ q’∨ p →τ* p’Xp’,q’) ∧ (∧ q →a q’∨ p →τ*.a.τ* p’Xp’,q’)

Branching equivalence:
Xp,q =ν ∧ p →b p’((b=τ ∧ Xp’,q) ∨ ∨ q →τ* q’ →b q’’(Xp,q’ ∧ Xp’,q’’)

∧
∧ q →b q’((b=τ ∧ Xp,q’) ∨ ∨ p →τ* p’ →b p’’(Xp’,q ∧ Xp’’,q’)
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Tau-confluence reduction
[Groote & van de Pol 00]

Form of partial-order reduction preserving
branching equivalence
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Caesar_Solve library
On-the-fly resolution of alternation-free BESs
[Mateescu-03]
Developed in CADP using OPEN/CAESAR
5 linear-time sequential algorithms (12,000 lines of C)
– DFS and BFS for general BESs
– DFS memory-efficient for acyclic or 

conjunctive/disjunctive BESs

1 linear-time distributed algorithm (10,000 lines of C)
[Joubert-Mateescu-04]
Diagnostics (boolean subgraphs) [Mateescu-00]
Generic, application-independent
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Architecture of Bisimulator
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Architecture of Tau_Confluence
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Distributed vs sequential Bisimulator
(strong equivalence)
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Distributed vs sequential Bisimulator
(branching equivalence)
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Reduction by tau-confluence
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Distributed vs sequential
Tau_Confluence
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(small) Demo
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Conclusion and future work
Already done

– Generic BES resolution library Caesar_Solve [Mateescu-03]
– Distributed resolution [Joubert-Mateescu-04]
– Bisimulator and Tau_Confluence
– Multi-block BES resoluion algorithm [Joubert-05]
– Model checking for alternation-free mu-calculus
– Conformance test generation

Ongoing work
– Encoding of other equivalences and reductions

Markovian bisimulation [Hermanns-Siegle-99]
Tau-inertness [Groote-Sellink-90], 
weak tau-confluence [Groote-vandePol-00]

– Study of other BES resolution strategies
– Heterogeneous machines grids


